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First, we obtained a characterization of the vector volume function with general weights for
the “nice chamber' by means of a system of differential equations, which was published in

The Electronic Journal of Combinatorics. Second, we observed that a results of B. V. Lidskii
could be generalized to an identity among a certain family of bases of the root system of type
A, defined by the Weyl group action. Third, we obtained a conjecture that the number of
points in a complex analogue of a weight variety defined on a finite field is equal to the
multiplicity of the general linear group over the same field. We checked this conjecture in

some cases of low rank.
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